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Abstract. With the rapid increase in data storage, distributed storage systems need to add new nodes to reduce 
storage and computation pressure. However, the existing scaling schemes are not efficient enough. To solve 
these issues, A scaling scheme called S-MBR is proposed, which has two notable features. Firstly, S-MBR 
achieves uniform data distribution by using a symmetric data layout to evenly place data blocks on the ex-
panded data nodes. Secondly, S-MBR minimizes data movement during data redistribution and parity update 
processes by re-locating data blocks to symmetric positions and performing partial parity block calculations 
after the storage nodes are expanded. S-MBR can reach the lower bound of data migration volume when the 
number of nodes required for reconstruction is equal to the number of nodes required for repair. According to 
mathematical analysis and experimental results, compared to many typical scaling schemes, S-MBR can re-
duce data transmission volume by up to approximately 93% and average response time by around 41%.
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1   Introduction

Currently, the era of big data has arrived. The scale and growth rate of data have become enormous and rapid [1]. 
This rapid growth in data poses significant challenges for distributed storage systems to provide high-quality and 
efficient services.

When dealing with massive data storage, some distributed storage systems (such as HDFS [2], Ceph [3], 
NetApp [4], Windows Azure [5], and Oceanstone [6]) face the risks of data loss and node failures. Distributed 
storage systems have introduced erasure coding technology to ensure data reliability and availability. However, 
with technological advancements, the main challenge of erasure coding in distributed storage has shifted from 
high computational complexity to the consumption of network resources. These render classic erasure codes 
such as Reed-Solomon (RS) code [7] and early codes used in RAID storage systems like EVENODD [8], RDP 
[9], X-Code [10], STAR [11], and P-Code [12] unsuitable for distributed scenarios. Therefore, Rashmi et al. [13-
14] proposed a Regeneration Code (RC) based on the idea of network coding. RC can be further categorized into 
Product-Matrix Minimum Bandwidth Regeneration (PM-MBR) codes and Product-Matrix Minimum Storage 
Regeneration (PM-MSR) codes based on Product-Matrix (PM) construction. RC is more suitable for distributed 
storage scenarios due to its lower repair overhead. Compared with the PM-MSR code, the PM-MBR code has a 
lower space utilization rate in order to reduce the repair cost. Therefore, clusters built with PM-MBR codes are 
more likely to face insufficient storage space. At this time, an efficient and fast scaling scheme is particularly im-
portant.

Before the introduction of erasure coding technology, regularly distributed storage systems were used to ad-
dress the computational and storage pressure by adding more nodes and balancing the workload through data 
migration [15]. However, with the incorporation of erasure coding technology, while the data reliability is guar-
anteed, system scalability becomes more challenging. Now, the system needs to consider not only load balancing 
but also issues related to data layout, parity block updates, and data transmission. Observing that the scaling 
schemes are closely related to the chosen coding layout, and efficient scaling schemes are designed based on spe-
cific types of coding schemes. 
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Currently, in the field of Redundant Arrays of Inexpensive Disks (RAID) [16], there are well-established 
scaling schemes. Such as scaling schemes [17-23] based on RAID-0 or RAID-5 coding layouts, [24-28] based 
on RAID-6 coding layouts. However, in the relatively shorter development time of RC, there are fewer scaling 
schemes available in this domain. There is an urgent need for efficient and reliable scaling schemes to effectively 
scale distributed storage systems.

In order to solve the above problems, the S-MBR scaling scheme is proposed. The main contributions of this 
paper are as follows.

1) An efficient scaling is proposed. In the data migration stage, the idea of completing data migration within 
the node is used to reduce the amount of data migration. In the verification update phase, the idea of combined 
calculation within the node is used to share the calculation of the verification block to multiple nodes, thereby 
easing the computing pressure on the computing nodes and reducing the amount of data transmission.

2) Analyzing and implementing the RR, Scale-RS, and EMBRScale scaling schemes, and comparing their 
data transmission amounts.

3) Experimental Demonstration: Conducting comparative experiments on the S-MBR, RR, Scale-RS, and 
EMBRScale scaling schemes. Experimental results show that S-MBR can reduce data transfer volume by up to 
83%, 93%, and 84% compared to EMBRScale, RR, and Scale-RS, respectively.

The remaining sections of this paper are organized as follows. Section 2 introduces the relevant scaling 
schemes. Section 3 presents the preparatory work for S-MBR. The design of S-MBR is detailed in Section 4. 
Section 5 describes the experimental setup and results. Finally, our work concludes in Section 6.

2   Related Work

The scaling schemes in the RAID domain have been introduced earlier, and this paper focuses more on the RC 
field. This section will introduce the current scaling schemes (refer to Table 1 for parameter explanations).

The scaling schemes of erasure codes are closely related to the type and application scenario of erasure codes. 
The scaling scheme on RAID is currently the most studied field by domestic and foreign scholars, and has also 
achieved rich results. At present, common scaling schemes for optimizing the data migration process include the 
RR (Round-Robin) scaling scheme proposed in the literature [17]. This scheme requires a re-layout of almost 
all data blocks, so the amount of data transmission is large. Literature [18] is better than the RR Scaling scheme 
in terms of response time, but it has the same shortcomings as the RR scaling scheme. The transmission volume 
is large and it cannot achieve load balancing. Common scaling schemes to reduce the amount of data migration 
include the scaling scheme in literature [19-20] implemented on RAID-5 and the scaling schemes in literature 
[24-28] implemented on RAID-6. Literature [19] optimized the RR scaling scheme and reduced the amount of 
data migration, but the amount of data migration in this scheme is still large. Literature [20] uses the idea of data 
partitioning to realize the scaling of data nodes. This feature is not available in most scaling schemes, but this 
scheme is not suitable for storage systems with strong local access. Literature [24] performs data migration based 
on stripes. Compared with the RR scaling scheme and literature [19], its data migration volume and migration 
time are greatly reduced, but it is only applicable to specific RAID-6 encoding layouts. Literature [25] based 
on X-Code encoding minimizes the number of migrated data blocks while maintaining a consistent data layout, 
which is better than the RR scheme in terms of time and I/O latency. Literature [26] uses RDP-encoded row 
check chain and skew check chain to migrate data on the chain, thus reducing the data required for check up-
dates. Literature [27] improves on the migration idea of Literature [26]. Based on RDP coding, it uses the layout 
of rotation deployment and Piggback [28] technology to reduce the amount of data migration and the amount of 
data that needs to be read when verifying updates. Compared with the literature [26], the literature [27] achieves 
the optimal amount of data block and check block migration.

Compared with the scaling scheme on RAID, Zhao et al. [29] initially proposed a scaling scheme based on 
Exact Minimum Bandwidth Storage Regeneration (E-MBR) codes, which set a maximum scaling number t and 
construct a large coding matrix. This scheme minimizes the data migration when the actual scaling number s is 
less than or equal to t. However, its major drawback is that it imposes an upper bound on the number of scaling 
nodes, which limits its practicality. Huang et al. [30] designed a transpose layout based on RS and proposed the 
Scale-RS scaling scheme to achieve the minimum data migration. However, it fails to achieve the minimum 
scaling overhead. Zhang et al. [31] improved upon the Scale-RS scheme and applied it to RC, developing the 
NCScale distributed system based on XOR operations. Compared to Scale-RS, NCScale reduces the scaling 
time by up to 50%. However, its operation mode restricts its applicability to PM-MBR and PM-MSR codes. Rai 
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et al. [32] achieved the lowest data download volume during scaling from parameters [n, k] to [n + s, k + s], but 
specific implementation details and experimental conclusions were not provided. Additionally, Zhang et al. [33] 
designed the EMBRScale scheme based on MBR and MSR codes to minimize the data migration during scaling. 
However, this scheme only implemented MBR code scaling for n − k = 1 and n − k = 2, and MSR code scaling 
for s = 1. Hu et al. [34] conducted an analysis using information flow graphs and studied scaling parameters. 
They achieved scaling from [n, k] to [n', k'] (n' > n, k' > k), but this scheme only achieves the theoretical mini-
mum data migration when n = n' and k = k'.

RC scaling schemes often have significant parameter limitations that hinder their practical application in real 
distributed storage systems. And the amount of data migration in these scaling schemes failed to reach the theo-
retical optimal value. 

3   Background

3.1   Basic Concepts 

This paper focuses on the scenario of adding nodes to distributed storage systems. In this section, the symbols 
used in this paper are explained, as shown in Table 1. The symbol x represents the parameters before scaling, 
while the symbol x' represents the corresponding parameters after scaling. Additionally, to provide a clearer de-
scription of the scaling process of the S-MBR scheme, the following explanation of some related concepts is pro-
vided [35-36].

1) Encoding: Encoding refers to the process of storing data by using encoding algorithms to generate encoded 
blocks. It is commonly denoted by the symbol [n, k, d].

2) Decoding: Decoding refers to the process of obtaining the original data from encoded blocks using decod-
ing algorithms.

3) Stripe: A stripe is a collection of related encoded blocks that can independently perform erasure coding al-
gorithms.

4) Systematic Code: A systematic code is a type of erasure code that allows the original data object to be di-
rectly recovered by reading and concatenating the data blocks within a stripe, without the need for decoding op-
erations when no data blocks within the stripe are lost or damaged.

5) Scaling: In this paper, the process of system expansion from the parameter [n, k, d] to [n + s, k + s, d + s], 
denoted as [n, k, d, s]. The scaling process involves operations on the encoded blocks and is divided into stripe 
partitioning, data migration, and parity update.

6) Stripe Partitioning: Stripe partitioning is the preparatory step for scaling, which involves grouping the 
stripes based on their functionality to facilitate subsequent scaling operations.

7) Data Migration: Data migration refers to the process of evenly placing all the data blocks from the original 
data nodes to the expanded data nodes after scaling.

8) Parity Update: Parity update refers to updating the parity blocks in all the parity nodes to maintain the fault 
tolerance of the stored data after scaling.

Table 1. Symbols and definitions

Symbols Definition
n Total number of nodes
k Number of nodes required for reconstruction
d Number of nodes required for exact repair
r Number of parity nodes or redundancy count (r=n-k)
s Number of expansion nodes
B Number of unique data blocks in a stripe
Di The i-th data node in a stripe
Pj The j-th parity node in a stripe
Di,j Data block in the i-th row of data node j
Pi,j Parity block in the i-th row of parity node j
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Si The i-th stripe
M(d,d) Message matrix with d rows and d columns
Ψ(n,d) Encoding matrix with n rows and d columns
I(k,k) Unit matrix with k rows and k columns
V(r,d) Vandermonde matrix with r rows and d columns
C(n,d) Code matrix with n rows and d columns and C=ΨM
Tt Transpose the matrix T
dm Data transfer volume during the data migration phase
pu Data transfer volume during the parity update phase
td Total data transfer volume and td = dm + pu

3.2   Construction of PM-MBR Codes 

PM-MBR codes are commonly represented by a triplet [n, k, d] (k ≤ d ≤ n − 1). Use PM-MBR code with the 
characteristics of the systematic code for expansion [37]. Compared with the original PM-MBR code, its con-
struction method is different. The construction of the encoding matrix ψ(n, d) for the systematic version of the PM-
MBR involves replacing the matrix V(n, d) with a new matrix, as shown in Equation (1).
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When the parameter is [n, k, d], the total number of data blocks required in a stripe is 2
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Equation (1) and Equation (2) respectively. The matrix S(k, k) is a k × k symmetric matrix, where the lower trian-
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placed in a similar manner as before. Finally, by following these steps, the 
code matrix C(n, d) = ψ(n, d) M(d, d) is obtained, and the encoding process is completed.
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Taking the [4,2,3] as an example, the code matrix C(4, 3) is obtained from Equation (3), and the encoding result 
is shown in Fig. 1.
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Fig. 1. Encoding result for PM-MBR code with parameter [4,2,3]

3.3   Related Scaling Schemes 

Compare three fast scaling schemes: RR, Scale-RS, and EMBRScale. The data migration process for scaling 
three nodes using the [4,2,3] example is shown in Fig. 2.

1) RR: As depicted in Fig. 2(a), extract all unique data blocks from the nodes {D1, D2} and place them sequen-
tially using the Round-Robin scheme. Then, to replicate the blue blocks based on the diagonal and complete the 
data migration.

2) EMBRScale: Fig. 2(b) demonstrates the EMBRScale scheme. Initially, select three orange blocks within 
nodes {D1, D2} and perform intra-node migration. Then, migrate the green blocks to the lower triangular portion 
of the newly added nodes {D3, D4, D5}. Finally, replicate symmetrically the data to obtain the blue blocks, com-
pleting the data migration.

3) Scale-RS: Fig. 2(c) shows the Scale-RS scheme. Place the orange blocks {b6, ..., b20} according to the ar-
rows in the figure and then perform data symmetry to obtain the blue blocks, completing the data migration.

Due to the encoding and decoding process of the PM-MBR code, the update strategies of the above scaling 
schemes are not applicable. Thus, parity blocks that need to be updated can only be obtained by reconstruction. 
For all scaling schemes, the number of data blocks that need to be migrated is (r + k')d'. Please refer to section 
3.2 for the reconstruction process.
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Fig. 2. Data migration process for RR, EMBRScale, and Scale-RS scaling schemes when scaling from [4,2,3] to [7,5,6]
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4   S-MBR: An Efficient Scaling Scheme

4.1   Overview

The scaling process of data nodes from k to k + s in a cluster is generally accomplished through the following 
three steps:

1) Partitioning: Based on the symmetric encoding layout of the PM-MBR code shown in Fig. 1, all stripes are 
divided into sacrificial stripes (Fig. 3(a) and Fig. 3(b)) and non-migrating stripes (Fig. 3(c)). The areas that need 
to be filled are divided into V1, V2, and Symmetry.

2) Filling: The data blocks from sacrificial are filled into the V1 and V2 areas. The Symmetry area is obtained 
by symmetric replication.

3) Discarding: The secondary diagonal indicates that the upper and lower parts are symmetrically duplicated. 
Therefore, some data blocks from the sacrificial stripes need to be discarded after scaling.
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Fig. 3. The scaling process of data nodes from k to k + s

4.2   Stripe Partitioning

The S-MBR scheme refers to GSR (Global Striped-based Redistribution) [20] and EMBRScale scheme. Classify 
and group all the stripes. S-MBR groups 2

1= ( )kB C k d k′+′ ′ ′ ′+ −  old stripes together. Each group contains B'B 
non-repetitive data blocks, which can exactly form B new stripes. Therefore, the first B stripes in each group are 
classified as non-moving stripes, while the remaining B' − B old stripes are classified as sacrificial stripes. The 
specific implementation is shown in Fig. 4, where {s1, ..., s5} represents the non-moving stripes and {s6, ..., s20} 
represents the sacrificial stripes.

1) Non-moving Strips: All the data blocks in this category remain unchanged, as shown in Fig. 4(a).
2) Sacrificial Strips: All the data blocks in this category need to be migrated to the non-moving stripes to help 

them form new stripes. The sacrificial stripes can be further divided into sacrificial stripes for internode migration 
and sacrificial stripes for internode migration, as shown in Fig. 4(b) and Fig. 4(c). It is worth noting that although 
the diagonal lines are consistent, the discarded data block regions are divided into two cases that need to be alter-
nately selected at intervals, as shown in gray-colored data blocks in Fig. 4(b) and Fig. 4(c).
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Fig. 4. The process of stripe partitioning in the E-MSR scheme when scaling from [4,2,3] to [7,5,6]

4.3   Data Migration

Data migration is the second process in the scaling, and the S-MBR scheme is designed to minimize the number 
of data blocks. It involves three steps: intra-node data migration, inter-node data migration, and data symmetric 
filling. The following example illustrates the scaling operation of a set of stripes.

1) Intra-node data migration: Data blocks from the upper and lower triangles of the sacrificial stripes 
{ | [ 1, ]}iS i B B′∈ +  are selected with an interval and migrated to the V1 region of the non-moving stripes 
{ | [1, ]}iS i B∈ , as shown in Fig. 3(d).

2) Inter-node data migration: The remaining lower triangle data blocks of the sacrificial stripes are migrated 
across nodes to the V2 region of the non-moving stripes.

3) Data Symmetric Filling: Fill the Symmetry region of the non-moving stripes based on the secondary diago-
nal. With this step, the new stripes 1{ ,..., }BS S′ ′  are completed.

4.4   Parity Update

During the study of parity block generation in PM-MBR code, discovered that some parity blocks are essentially 
linear combinations of the data blocks within the current node. Since the calculations occur within the storage 
nodes, they only consume the computational resources of the storage nodes. This aligns with the distributed 
computing principles and alleviates some computational burden on the compute nodes. Therefore, designed the 
update algorithm to update the parity nodes in each stripe. Divide P(d', r) into two parts, P(k', r) and P(d'−k', r), for the 
update process.

Let T(k', k') be the matrix composed of data blocks in the data node {D1, ..., Dk'}, as shown in Equation (5), 
where the i-th column is denoted as Ti. Let H(d'−k', k') denotes the matrix composed of the last d' − k' rows of data 
blocks in data nodes {D1, ..., Dk'}. The entire update process is completed in three steps.
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 .                                                 (5)

1) Updating P(k', r), where the parity blocks are derived from Pi, j = V'j Ti, and then replacing the first k' rows of 
parity blocks in each new stripe.

2) Downloading the data blocks from the last d' − k' rows of data nodes {D1, ..., Dk'} to obtain the matrix    
H(d'−k', k'), as shown in Equation (6).
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3) P(d'−k', r) are calculated using Equation (7). Then replacing the last d' − k' rows of parity blocks in each new 
stripe 1{ ,..., }BS S′ ′ . The parity update is completed.
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4.5   An Example for S-MBR Scaling Scheme

In Sections 4.1-4.4, a detailed explanation of the entire S-MBR algorithm is provided. This subsection aims to 
illustrate the practical operation process of the S-MBR scaling algorithm using a specific example [4,2,3,3], to 
help readers better understand it.

1) Stripe Partitioning: By calculation, to obtain B' = 20 and B = 5. Therefore, divide the 20 old stripes into one 
group, where the first 5 stripes are non-moving stripes, and the remaining 15 stripes are sacrificial. For specific 
examples, please refer to Fig. 4.

2) Intra-node Data Migration: Within nodes {D1, D2}, select three data blocks from each stripe at intervals and 
migrate them to stripes {S1, ..., S5}. For example, blocks {b26, ..., b30, b32} from Fig. 5(b) are migrated to Fig. 5(a). 
The result is shown in Fig. 5(d).

3) Inter-node Data Migration: The non-repeating data blocks {b56, ..., b64} in the lower triangular part of Fig. 
5(c) need to be migrated to the newly added data node {D3, D4, D5}. The resulting configuration is shown in Fig. 
5(e).

4) Symmetric Filling: The data blocks in Fig. 5(f) are symmetrically obtained based on the secondary diago-
nal, forming the new stripes as shown in Fig. 5(g). At this point, the data migration process is completed.
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Fig. 5. The process of migrating data blocks in the E-MSR scheme when scaling from [4,2,3] to [7,5,6]

1) Within each data node {D1, ..., D5}, {T1, ..., T5} are obtained by linear combination. T1 is obtained using 
Equation (8). P1,1 and P1,2 are calculated by using Equation (9) and Equation (10). The remaining data blocks   
{pi,j | 1 ≤ i ≤ 5, 1 ≤ j ≤ 2} in the parity node {P1, P2} are derived from this process. As shown in Fig. 6.
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1 1 2 4 26 27 29[ ]tT b b b b b b= .                                                       (8)

1,1 1 1 1 2 4 26 27 29P V T b b b b b b′= = + + + + + .                                                    (9)

1,2 2 1 1 2 4 26 27 292 4 8 16 32P V T b b b b b b′= = + + + + + .                                          (10)

2) This step is executed only if k ≠ d. First, get all data blocks from the last row of the data nodes. H(1,5) as 
shown in Equation (11). {P6,1, P6,2} are calculated from Equation (12). At this point, the scaling process of 
S-MBR is completed.

[ ](1,5) 29 32 59 62 64H b b b b b= .                                                     (11)

[ ](1,5)
6,1 6,2 (2,6) 29 32 59 62 64 29 32 59 62 64

(1,1)

( ) 2 4 8 16
0

t
tH

P P V b b b b b b b b b b
 

  = = + + + + + + + +     

` .         (12)

4.6   Data Transfer Volume Analysis

Data transfer volume is a key focus of this paper. In this section, analyze the data transfer volume using the scal-
ing process of a single stripe as an example. During the data migration phase of the S-MBR scheme, data transfer 
occurs only during inter-node migration and symmetric filling, resulting in a total transfer volume of 2sd'. In the 
parity update phase, the transfer volume is calculated in two parts: the transfer volume for part P(k', r) is k'r, and 
the transfer volume for part P(d'−k', r) is (d' − k')(k' + r). Therefore, the total data transfer volume of the S-MBR 
scheme can be expressed using Equation (13).

2 ( )( )S MBRtd sd k r d k k r− ′ ′ ′ ′ ′= + + − + .                                                (13)

The lower bounds of the transfer volume during the data migration and parity update phases are 2sd' and sd'. 
The lower bound of the transfer volume can be expressed as Equation (14).

O 2ptimaltd sd d r′ ′= + .                             (14)

By observing Equation (13) and Equation (14), see that the difference between S-MBR and the theoretically 
optimal transfer volume lies in the consumption of transfer volume during the parity update phase. However, in 
certain cases when d' = k' or d = k, we have tdS − MBR = tdOptimal, indicating that S-MBR achieves the theoretically 
optimal transfer volume. The transmission volume of all scaling schemes can be shown in Table 2 below.
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Table 2. The theoretical number of data blocks transmitted for one stripe expansion process in the Optimal, S-MBR, RR, 
Scale-RS, EMBRScale scaling scheme

Scaling scheme Data migration phase Parity update phase Total
Optimal 2sd ′ d r′ 2sd d r′ ′+
S-MBR 2sd ′ ( )( )k r d k k r′ ′ ′ ′+ − + 2 ( )( )sd k r d k k r′ ′ ′ ′ ′+ + − +

RR 2k d′ ′ ( )r k d′ ′+ 3k d rd′ ′ ′+
Scale-RS ( )d k s′ + ( )r k d′ ′+ ( )s r k d ks′ ′+ + +

EMBRScale 2sd ′ ( )r k d′ ′+ (2 )s r k d′ ′+ +

Compare the number of data blocks that need to be transferred for one stripe scaling under different parameter 
conditions for various scaling schemes. The results shown in Fig. 7, indicate that compared to RR, S-MBR can 
reduce the number of transferred data blocks by approximately 76% at its highest.
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Fig. 7. The theoretical transmission volume required for one stripe scaling in the RR, EMBRScale, Scale-RS, S-MBR, and 
Optimal scaling schemes for all cases from [6,2] to [6,4]

5   Experimental Evaluation

5.1   Experimental Environment

The experiments in this paper were conducted on the same erasure coding test platform, which consists of 20 
nodes. Except for one client and two monitor nodes, all other nodes functioned as storage nodes for Ceph OSD. 
Each node was equipped with an Intel Core i5-5200U 2.2GHz processor, 32GB of RAM, a 500GB solid-state 
drive, and a 1Gbps Ethernet card. All nodes ran the CentOS 7.5 operating system and were installed with Python 
3.0 and Ceph 12 distributed storage system.

5.2   Experimental Description

To conduct comprehensive tests on various aspects of the S-MBR scaling scheme, the data in each storage node 
is cleared before the start of each experiment. A process of encoding first and then scaling is adopted. Since 
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S-MBR cannot be used for node reduction, focus on the scaling results of RR, Scale-RS, EMBRScale, and 
S-MBR when adding nodes.

The experiment is divided into three parts. The first part discusses the impact of fault tolerance on the scaling 
schemes. The second part discusses the impact of the number of nodes on the scaling schemes. The third part 
compares and analyzes the response time of each scaling scheme.

1) Impact of fault tolerance on scaling schemes: The file size for experiments in Fig. 8 and Fig. 9 is 1TB, with 
a default data block size of 24 MB. Fig. 8 shows the data transfer volume for scaling one node with different 
values of r (redundancy). Fig. 9 shows the data transfer volume for scaling two nodes with different values of r. 
From Fig. 8 and Fig. 9, it can be observed that the S-MBR scaling scheme has reduced data transfer volume by 
up to 83%, 93%, and 84% compared to EMBRScale, RR, and Scale-RS, respectively. As shown in Fig. 10, as the 
level of fault tolerance increases, all scaling schemes exhibit an upward trend in data transfer volume. However, 
the S-MBR scheme shows an increase in data transfer volume of only 5% and 35% compared to EMBRScale 
and RR, respectively. In comparison to Scale-RS, it exhibits a decrease of 3%.
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2) Impact of node count on scaling schemes: Fig. 11 and Fig. 12 present the results of experiments with a 
test file size of 50GB and a default data block size of 2MB. The encoding scheme used in Fig. 11 is [4,2,3], 
while Fig. 12 uses [12,10,10] as the coding scheme. Fig. 11 illustrates the data transfer volume that the cluster 
is scaling by adding 1, 2, and 3 nodes respectively, starting from 4 nodes. Compared to EMBRScale, RR, and 
Scale-RS, the S-MBR scaling scheme achieves a reduction in data transfer volume of up to 32%, 56%, and 41% 
respectively. Fig. 12 shows the data transfer volume that the cluster is scaling by adding 1, 2, and 3 nodes re-
spectively, starting from 12 nodes. In comparison to EMBRScale, RR, and Scale-RS, the S-MBR scaling scheme 
achieves a reduction in data transfer volume of up to 73%, 88%, and 76% respectively. It can be observed that as 
the number of nodes increases, the advantages of S-MBR in scaling become more prominent.
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3) Response time comparison: In the experiment shown in Fig. 13, the test file size was 1GB, the data block 
size was set to 128KB, and the encoding parameter was [3, 2, 2]. The number of scaling nodes was set to s=2. 
To compare the response time of various scaling schemes, simulated real user access by running an automated 
script on the client side. The results showed that during the period from 0s to 400s, the response times of the 
different scaling schemes were similar because this phase involved data migration. From the 400s until the end, 
the systems entered the verification and update phase. During this phase, S-MBR performed the parity update 
calculations at the storage nodes, which consumed their computational resources but relieved the pressure on the 
client and monitor nodes. The results showed that the S-MBR scheme was significantly better than other scaling 
schemes, and compared to Scale-RS, it achieved an average reduction of approximately 41% in response time, as 
shown in Fig. 14.
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6   Conclusion

S-MBR scheme demonstrates high practicality and applicability. Compared to other scaling schemes, S-MBR 
significantly reduces data transfer volume. This conclusion is drawn from a comprehensive mathematical anal-
ysis and extensive experimental data. Discuss the impact of fault tolerance and the number of nodes on scaling 
schemes. The results indicate that for a larger number of nodes and larger data volumes, S-MBR can reduce data 
transfer volume by up to 83%, 93%, and 84% compared to EMBRScale, RR, and Scale-RS, respectively. This 
highlights the greater advantage of S-MBR in scenarios with a larger number of nodes. With increasing fault 
tolerance, the additional data transfer volume in S-MBR compared to EMBRScale and RR increases by 5% and 
35%, respectively, while it decreases by 3% compared to Scale-RS. Evaluate the performance of S-MBR and 
other scaling schemes by simulating user access patterns. The experimental results show that S-MBR achieves an 
average response time reduction of approximately 41% compared to Scale-RS. These advantages make S-MBR 
a highly practical distributed scaling scheme. However, there are some limitations to our scheme. Currently, it is 
only applicable to PM-MBR codes and incurs higher computational overhead on storage nodes during scaling. In 
the future, we will continue to optimize our approach and plan to extend its application to the entire regenerating 
code domain.
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